
Spatial Contributions to Nuclear Magnetic Shieldings
Published as part of The Journal of Physical Chemistry virtual special issue “Alexander Boldyrev Festschrift”.

Rahul Kumar Jinger, Heike Fliegl, Radovan Bast, Maria Dimitrova, Susi Lehtola, and Dage Sundholm*

Cite This: J. Phys. Chem. A 2021, 125, 1778−1786 Read Online

ACCESS Metrics & More Article Recommendations *sı Supporting Information

ABSTRACT: We develop a methodology for calculating,
analyzing, and visualizing nuclear magnetic shielding densities
which are calculated from the current density via the Biot−Savart
relation. Atomic contributions to nuclear magnetic shielding
constants can be estimated within our framework with a Becke
partitioning scheme. The new features have been implemented in
the GIMIC program and are applied in this work to the study of
the 1H and 13C nuclear magnetic shieldings in benzene (C6H6)
and cyclobutadiene (C4H4). The new methodology allows a visual
inspection of the spatial origins of the positive (shielding) and
negative (deshielding) contributions to the nuclear magnetic
shielding constant of a single nucleus, something which has not
been hitherto easily accomplished. Analysis of the shielding densities shows that diatropic and paratropic current-density fluxes yield
both shielding and deshielding contributions, as the shielding or deshielding is determined by the direction of the current-density
flux with respect to the studied nucleus instead of the tropicity. Becke partitioning of the magnetic shieldings shows that the
magnetic shielding contributions mainly originate from the studied atom and its nearest neighbors, confirming the localized
character of nuclear magnetic shieldings.

1. INTRODUCTION

Second-order magnetic properties such as nuclear magnetic
shieldings, indirect spin−spin coupling constants, and magnet-
izabilities are usually calculated by using the gradient theory of
electronic structure calculations as the second derivative of the
electronic energy with respect to the external magnetic
perturbation(s) in the limit of vanishing perturbation(s).1−4

However, the elements of the nuclear magnetic shielding and
magnetizability tensors can also be obtained as second
derivatives of the magnetic interaction energy, which can be
written as an integral over the scalar product of a current
density caused by a magnetic perturbation and the vector
potential of the second magnetic perturbation.5−7 The current
density JB(r) induced by an external magnetic field Bor the
current density J r( )mI induced by the nuclear magnetic
moment mI of nucleus Iis formally defined as the real part
( ) of the mechanical momentum density

J r r p A r r( ) ( )( ( )) ( )B m B m/ /I I= − [Ψ* − Ψ ] (1)

where p = −i∇ is the momentum operator and Ψ(r) is a
complex wave function because of the vector potential of the
magnetic perturbation AB(r) or A r( )mI . As will be discussed in
later in this work, the magnetic properties evaluated within this
scheme have no reference to the magnetic gauge origin if the
current density is gauge origin independent, as is the case in

our GIMIC approach8−11 as well as in the ipsocentric
approach.12−16

While the end results of the gradient-theory and the
integration approaches are the same, the method based on
integration can be used for providing additional information
about orbital and spatial contributions to a given magnetic
property. For instance, magnetizabilities, which are usually
calculated using gradient theory as the second derivative of the
electronic energy with respect to the external magnetic field,
can also be obtained as the second derivative of the magnetic
interaction energy expressed in terms of the current density
induced by the magnetic field17−19
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As we have recently discussed in ref 19, eq 2 can be used to
extract information about the spatial contributions to
components of the magnetizability tensor.
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The nuclear magnetic shielding tensor for nucleus I, in turn,
is determined by the second derivative of the magnetic
interaction energy with respect to the external magnetic field B
and the nuclear dipole moment mI. The shielding tensor can
then be calculated from the current density induced by the
external magnetic field JB(r) and the vector potential of the
nuclear magnetic moment A r( )mI

B m
J r A r r( ) ( ) d

I

B m

B
m

2

0
0

I

I

∫σ = − ∂
∂ ∂

·αβ
β =

=
α

(3)

Alternatively, the shielding tensor can be calculated from the
current density induced by the nuclear magnetic moment and
the vector potential of the external magnetic field AB(r) and
the current density induced by the nuclear magnetic moment
J r( )mI of nucleus I5,17,18,20

B m
J r A r r( ) ( ) d

I

m B

B
m

2

0
0

I

I

∫σ = − ∂
∂ ∂

·αβ
β =

=
α

(4)

Equation 3 is typically used in computations since picking the
expression with JB(r) means that the current density has to be
computed only for the three components of the external
magnetic field instead of the 3N components of the magnetic
dipole moments of N nuclei. However, efficient algorithms
have also been developed by using eq 4, as the localized nature
of the current densities induced by nuclear magnetic moments
allows for powerful use of screening and parallelization.21,22

Because the current density JB(r) induced by an external
magnetic field is a function of the strength of the external
magnetic field, differentiation of the magnetic interaction
energy yields the first derivative of the current density with
respect to the external magnetic field (∂JB(r)/∂B), which is the
current-density susceptibility tensor (CDT) induced by the
external magnetic field.18,23 Analogously, the differentiation
with respect to the nuclear magnetic moment acts only on the
vector potential of the nuclear magnetic moment, yielding

A r m( )/ I
mI∂ ∂ , since only that term in eq 3 depends on the

nuclear magnetic moment. The dot product of these two
quantities, ∂JB(r)/∂B and A r m( )/ I

mI∂ ∂ , is a scalar function
known as the nuclear magnetic shielding density.5−7 The
spatial distribution of the shielding density provides detailed
information about the origin of the individual elements of the
nuclear magnetic shielding tensor as well as the shielding
constants.15,24−28

Further information about the magnetic shielding density
can be obtained from the individual orbital contributions to
the magnetic shieldings15 and shielding functions. Dividing the
magnetic shielding density into positive and negative parts as
well as into orbital contributions shows the spatial origins of
the shielding and deshielding contributions to the shielding
tensor and the isotropic shielding constants.27,29 Thus,
calculations of magnetic shielding densities provide a rigorous
physical basis for interpreting nuclear magnetic resonance
(NMR) chemical shifts.
In this work, we develop a methodology for analyzing spatial

contributions to nuclear magnetic shielding constants. We
apply the methods to the hydrogen and carbon nuclei in
benzene (C6H6) and cyclobutadiene (C4H4), which are test
cases representing aromatic and antiaromatic hydrocarbons,
respectively. Next, we present the underlying theory in section

2.1 and continue in section 2.2 with the employed numerical
methods. Then, in section 2.3, we describe the computational
methods. We discuss the magnetic shielding densities of the
studied molecules in section 3 and summarize our study and
form our main conclusions in section 4.

2. METHODS

2.1. Theory. The vector potential A r( )mI in international
standard (SI) units arising from the nuclear magnetic dipole
moment mI of nucleus I can be chosen as

A r m
r R
r R

( )
4 I

I

I

m 0
3

I
μ
π

= ×
−

| − | (5)

where RI is the position of the Ith nucleus and μ0 is the
vacuum permeability.30 Similarly, the vector potential AB(r) of
an external static magnetic field is

A r B r R( )
1
2

( )O
B = × −

(6)

where RO is the chosen magnetic gauge origin. The magnetic
flux density B and the magnetic dipole moment mI are
uniquely defined by the vector potentials AB(r) and A r( )mI ,
whereas the reverse does not hold since all the vector
potentials of the form A′ = A + ∇f(r) generate the same
magnetic field B, as ∇ × ∇f(r) = 0 for any smooth function
f(r).
Even though exact solutions of the Schrödinger equation are

gauge invariant, the use of finite one-particle basis sets
introduces a gauge dependence in quantum chemical
calculations of magnetic properties. The CDT can be made
gauge origin independent by using gauge-including atomic
orbitals (GIAOs), also called London atomic orbitals (LAOs).
The GIAOs are defined as8,31,32

r r( ) e ( )B R R ri( )/2 (0)Oχ χ=μ μ
− ×[ − ]·μ

(7)

where i is the imaginary unit and χμ
(0)(r) is a standard

Gaussian-type basis function centered at Rμ. The use of GIAOs
eliminates the gauge origin from the expression we use for
calculating the CDT (∂Jα

B(r)/∂Bβ):
8,10,11
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In eq 8, D is the density matrix in the atomic orbital basis,
∂D/∂B are the magnetically perturbed density matrices, ϵαβγ is
the Levi−Civita symbol, h̃(r) denotes the magnetic interaction
operator without the |r − RI|

−3 denominator with

h r
m

r R p
( )

( )
I

I
∂ ̃
∂

= − ×
(9)

and

h r
m B

r R r R 1 r R r R
( ) 1

2
( ) ( ) ( )( )

I
O I O I

2∂ ̃
∂ ∂

= [ − · − − − − ]

(10)
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and RI is the position of nucleus I. Finally, the nuclear
magnetic shielding tensor of nucleus I, σαβ

I , can be calculated
from eqs 3 and 5 as

r R J

Br R

r

4

( )
I I

I

B
0

3∫∑σ
μ
π

= − ϵ
−

| − |

∂

∂αβ
γδ

αδγ
δ δ γ

β (11)

It is important to note that all terms that contain the gauge
origin RO cancel in eq 8, making the CDT calculation as well as
eq 11 independent of the gauge origin. Analogously, all terms
in eq 8 containing the nuclear position RI also cancel,
eliminating explicit references to the coordinates of the nucleus
I from the current density (the physical implicit dependence
still remains). As a result, the integrated second-order magnetic
properties have no reference to the gauge origin or the nuclear
coordinates.
The Biot−Savart expression in eq 11 has advantages over the

corresponding second-derivative expression. Contributions to
the tensor elements can be visually interpreted by plotting the
positive and negative parts of the integrand separately, yielding
information about shielding and deshielding contributions to
the elements of the magnetic shielding tensor. For example, in
a system with a ring current, the σzz

I contribution given by

y R J

B
x R J

Br R

r

r R

r
r

4

( ) ( )
dI Iy

I

x
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Ix

I
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= −
−

| − |
∂
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| − |

∂

∂
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k

jjjjjjj
y

{

zzzzzzz
(12)

will consist of both positive and negative shielding contribu-
tions due to the relative direction of the current density with
respect to the investigated atom I.11,33

The Biot−Savart expression in eq 11 can be calculated by
quadrature when the CDT is known. Because established
gradient-theory implementations of NMR shielding constants
are typically used to compute the CDT, the shielding constants
from eq 11 do not provide any new physical information;
however, the numerically evaluated shielding constants can be
compared to the analytically evaluated values to assess the
accuracy of the numerical integration of the Biot−Savart
expressions, which is useful for applications to other second-
order magnetic properties. For instance, a similar approach has
recently been used to calculate and assess the accuracy of
magnetizabilities from new density functional approximations,
even though analytical methods to calculate the magnetizability
tensor were not available in the used program.19

2.2. Implementation. A numerical integration scheme for
calculating spatial contributions to nuclear magnetic shieldings
has been implemented into the freely available GIMIC
program.34 The atomic contributions to the magnetic
shieldings are obtained by quadrature over atomic domains
generated by the NUMGRID library,35 which is based on the
use of Becke’s multicenter scheme.36 The atomic domains
were determined with the Becke partitioning scheme,36

employing the iteration order k = 3 in the construction of
the cutoff function as suggested by Becke. The radial
integration points of the atom-centered grids are generated
as suggested by Lindh et al.,37 and Lebedev’s angular grids are
used.38 The CDT is constructed in GIMIC with eq 8 from the
density matrix, the magnetically perturbed density matrices,
and basis set information obtained from Turbomole39

calculations of NMR shielding constants.
2.3. Computational Methods. The molecular structures

of C6H6, C4H4, and B3N3H6 were optimized with Turbomole39

version 7.5 employing the B3LYP density functional,40−42 the
def2-TZVP basis set,43 and the m5 quadrature grid;44,45 the
optimized molecular structures are given in the Supporting
Information. Nuclear magnetic resonance (NMR) shielding
constants were also calculated with Turbomole at the same
level of theory by using GIAOs.31,32,46,47 In the NUMGRID
calculations, 21042 grid points were used for each carbon and
19234 grid points for each hydrogen.
The B3LYP/def2-TZVP level of theory has been found to

yield good agreement compared to second-order Møller−
Plesset (MP2) theory for the 1H NMR magnetic shielding in
tetramethylsilane (TMS, Si(CH3)4), as the 13C shielding in
TMS reproduced by the method deviates by only 7% (roughly
12 ppm) from the one obtained at the MP2/def2-TZVP and
MP2/def2-TZVPP levels of theory.48 Although we are aware
that these results are not fully converged to the complete basis
set limit, especially for the carbon shieldings,49 the B3LYP/
def2-TZVP level of theory suffices for our present purposes of
illustrating the spatial origins of magnetic shieldings: the
accurate reproduction of 13C shieldings is known to be
challenging,50 and the functional error is likely of the same
order of magnitude as the basis set truncation error.
The methods presented in section 2.2 and their GIMIC

implementation, however, can be applied in combination with
any basis set or level of theory for which the density and
perturbed density matrices are available. Basis set truncation
errors for the def2-TZVP shieldings and their effects on the
atomic contributions will be discussed in section 3.3, showing
that the truncation errors in def2-TZVP only affect the
contribution to the shielding of the same atom, whereas the
contributions to the shieldings of the other atoms are
reproduced accurately in the def2-TZVP basis set.

3. RESULTS AND DISCUSSION
3.1. Benzene. The magnetic shielding density for the 1H

NMR shielding in Figure 1a shows that the main shielding

contribution in the molecular plane originates from the outer
regions of the molecular electron density, where the diatropic
ring current is strong.11,33 Deshielding contributions arise close
to the hydrogen nucleus and close to its adjacent (ipso) carbon.
Shielding and deshielding contributions also arise from the
valence electrons of the ipso and the nearest-neighbor (ortho)
carbon atoms due to their local atomic current-density fluxes.
All carbons have both shielding and deshielding contributions

Figure 1. zz component of the magnetic shielding density of the (a)
1H NMR shielding and (b) 13C NMR shielding in the molecular plane
of C6H6. The shielding contributions are shown in blue and the
deshielding contributions in red in the range [−0.2; 0.2].

The Journal of Physical Chemistry A pubs.acs.org/JPCA Article

https://dx.doi.org/10.1021/acs.jpca.0c10884
J. Phys. Chem. A 2021, 125, 1778−1786

1780

http://pubs.acs.org/doi/suppl/10.1021/acs.jpca.0c10884/suppl_file/jp0c10884_si_001.pdf
http://pubs.acs.org/doi/suppl/10.1021/acs.jpca.0c10884/suppl_file/jp0c10884_si_001.pdf
https://pubs.acs.org/doi/10.1021/acs.jpca.0c10884?fig=fig1&ref=pdf
https://pubs.acs.org/doi/10.1021/acs.jpca.0c10884?fig=fig1&ref=pdf
https://pubs.acs.org/doi/10.1021/acs.jpca.0c10884?fig=fig1&ref=pdf
https://pubs.acs.org/doi/10.1021/acs.jpca.0c10884?fig=fig1&ref=pdf
pubs.acs.org/JPCA?ref=pdf
https://dx.doi.org/10.1021/acs.jpca.0c10884?ref=pdf


for 1H arising from the core electrons due to atomic current
densities around the nucleus.
The two core contributions cancel almost completely

because the atomic current density has the same strength on
both sides of the nucleus, and the relative distance to the
positive (shielding, blue) and negative (deshielding, red) areas
from the studied hydrogen nucleus is almost the same for the
carbon atoms in the meta and para positions.
The zz contribution to the magnetic shielding density in the

molecular plane for a 13C nucleus in Figure 1b has an onion-
like shell structure of shielding and deshielding contributions.
The shielding contribution close to the nucleus arises from the
core electrons, whereas the valence electrons deshield the
nucleus. In the next shell, the shielding contribution originates
from the diatropic ring current that flows on the outer side of
the molecular ring near the hydrogen as well as from the
paratropic ring current inside the C6H6 ring. The atomic
current density in the valence orbitals of the ortho carbon
atoms also contributes to the 13C shielding on closer side of
the ortho carbon, while the contributions are deshielding on
the remote side.
The ring-current contribution to the nuclear magnetic

shielding constants can be analyzed by plotting the spatial
distribution of the σzz component to the nuclear magnetic
shielding density. The zz component of the 1H NMR shielding
density calculated in a plane 1 a0 above the molecular plane is
shown in Figure 2a. The diatropic ring current flowing on the

outside of the hydrogen shields the hydrogen nucleus. The ring
current on the other side of the ring also shields it, while the
diatropic ring current flowing on the inside of the hydrogen is
deshielding. The paratropic ring current inside the C6H6 ring
deshields the hydrogen nucleus on the remote half of the ring,
whereas inside the ipso carbon atom the paratropic ring current
shields the hydrogen nucleus. The sign of the shielding
contributions depends on the direction of the current density
with respect to the studied nucleus according to the Biot−
Savart expression in eq 12.
The ring-current contribution to the 13C NMR shielding is

seen in Figure 2b, where shielding contributions appear along
the outer perimeter of the carbon ring. The paratropic ring
current inside the C6H6 ring leads to a shielding contribution
near the studied carbon atom, whereas it is deshielding on the
remote interior part of the ring. The deshielding contribution

in the vicinity of the studied carbon originates from the
diatropic ring current passing on the inside of the carbon atom.
The absolute value of the nuclear magnetic shielding density

is illustrated by using a contour surface in Figure 3, where blue

represents the shielding density of the hydrogen atom, while
yellow is used to illustrate the shielding of the carbon atom.
Figure 3 reveals that the shielding density near the ortho atoms
contributes significantly, whereas the more distant atoms have
negligible contributions, as expected due to the |r − RI|

−3

denominator in the vector potential of mI.
Atomic contributions to the isotropic nuclear magnetic

shielding constants can be analyzed by integration over atomic
subdomains, yielding a compact representation of the spatial
distribution of the shielding density. In this work, the atomic
subdomains are defined by the Becke partitioning,36 as
discussed in section 2.2. Even though Becke partitioning was
originally aimed for efficient numerical integration of density
functionals, it has been shown to be useful for e.g. constructing
mathematically well-based Pipek−Mezey orbital localization
techniques,51,52 and with a careful choice of the partitioning
function it yields chemically sound atomic charges and bond
orders.53 The decomposition depends on the partitioning, i.e.,
the choice for the atomic weight functions. The original Becke
partitioning yields a rough idea of the atomic decomposition of
the shielding density; more sophisticated atomic decomposi-
tions are left to further work.
The resulting atomic contributions to the 1H NMR and 13C

NMR magnetic shieldings of C6H6 are given in Tables 1 and 2,
respectively. These data suggest that the main contributions to
the shielding originate from the vicinity of the studied atom

Figure 2. zz component of the magnetic shielding density of the (a)
1H NMR shielding and (b) 13C NMR shielding of C6H6 calculated 1
a0 above the molecular plane. The shielding contributions are shown
in blue and the deshielding contributions in red in the range [−0.2;
0.2].

Figure 3. Absolute value of the magnetic shielding density of the 1H
NMR shielding (blue) and 13C NMR shielding (yellow) in C6H6
represented as contours with isovalue 4.8. The ipso atoms have the
largest contributions.

Table 1. Atomic Contributions to the 1H NMR Shielding of
C6H6 Calculated at the B3LYP/def2-TZVP Level of Theory

domain total positive negative percentage

ipso Ca 1.48 5.24 −3.76 6.11%
ortho C 0.64 1.43 −0.79 2.64%
meta C 0.52 0.77 −0.25 2.16%
para C 0.42 0.63 −0.21 1.74%
ipso Hb 18.97 20.33 −1.36 78.13%
ortho H 0.29 0.36 −0.07 1.19%
meta H 0.17 0.17 −0.00 0.71%
para H 0.15 0.15 −0.00 0.61%
total 24.28 31.83 −7.54 100.00%

aIpso C is the carbon connected to the studied hydrogen nucleus.
bIpso H is the studied hydrogen nucleus.
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and its nearest neighbors, which is utilized when using local
methods to calculate nuclear magnetic shielding constants.21,22

The contribution to the 1H NMR shielding from the atomic
domain of the studied hydrogen is 78.13% of the total
shielding, while the contribution assigned to each ipso carbon
is 6.11%. Contributions from all other atoms are in the interval
of [0.61, 2.64]%. The contribution to the 13C NMR shielding
from the studied carbon is 70.49%. The ipso hydrogen and
ortho carbons contribute with 5.61% and 7.00%, respectively,
whereas the 13C NMR contributions from the rest of the atoms
are in the interval of [0.49, 2.08]%.
As a side note, although the molecular structure of borazine

(B3N3H6) is similar to that of benzene, a previous study of
shielding densities suggested that borazine is nonaromatic.15

However, a follow-up study showed that B3N3H6 does sustain
a diatropic ring current, although its strength is only 25% of
that in C6H6.

54 A comparison of the zz contribution to the
shielding densities of C6H6 and B3N3H6 (shown in the
Supporting Information) reveals that B3N3H6 has a similar but
weaker ring-current contribution to the shielding density as for
C6H6. Thus, B3N3H6 cannot be considered to be nonaromatic.
3.2. Cyclobutadiene. The zz contribution to the 1H NMR

shielding density in the molecular plane of C4H4 shown in
Figure 4a is similar to the one for C6H6 in Figure 1a. Even
though C4H4 is antiaromatic, it sustains a diatropic ring current
along the outer edge of the molecule outside the hydrogen
giving rise to a similar shielding contribution outside the
hydrogen like in C6H6.

33 The ring current is paratropic inside
the ring as in C6H6. Deshielding contributions appear at the
hydrogen nucleus as well as at the ipso and ortho carbons due

to local current densities. The atomic current density in the
core of the carbon atoms leads to shielding and deshielding
contributions that practically cancel, as for C6H6.
The contributions to the 13C magnetic shielding density in

the molecular plane of C4H4 in Figure 4b also remind of those
for C6H6. The onion structure of the alternating shielding and
deshielding contributions around the studied carbon atom
originates from current densities with different flux directions
in the vicinity of the atom. The diatropic atomic current
density in its core orbitals, the diatropic ring current flowing on
the outside of hydrogen atom, and the paratropic ring current
inside the C4H4 ring shield the carbon nucleus, whereas the
atomic current density of the valence orbitals deshields it.
In contrast, the magnetic shielding density in a plane 1 a0

above (or below) the molecular plane of C4H4 differs
completely from the one for C6H6 because C6H6 sustains a
diatropic ring current in the π orbitals, while the current
density of C4H4 is paratropic there. The

1H and 13C magnetic
shielding densities of C4H4 in Figures 5a and 5b show that the

diatropic ring current along the outer edge of the molecule
leads to a shielding contribution to 1H NMR and 13C NMR
shieldings. The strong paratropic ring current which resides
mainly inside the molecular ring leads to a shielding
contribution to 1H NMR in the closer half of the ring and a
deshielding contribution from the remote part of the ring due
to the different directions of the current-density fluxes relative
to the studied hydrogen nucleus.
The deshielding contribution to the 13C NMR shielding

from the paratropic ring current dominates above the ring on
the inside of it. A small shielding area is seen in Figure 5b,
where the relative direction of the paratropic ring current leads
to magnetic shielding. The paratropic ring current on the
outside of the studied carbon deshields the carbon nucleus.
The diatropic ring current along the outer edge of the molecule
results in a weak shielding contribution in the vicinity of the
hydrogen atom.
The absolute value of the nuclear magnetic shielding density

is illustrated by using a contour surface in Figure 6, again
showing that the most significant contributions arise from the
ipso atoms, with some contributions from the ortho atoms.
The atomic contributions to the 1H NMR and 13C NMR

magnetic shieldings of C4H4 are given in Tables 3 and 4,
respectively. Table 3 shows that 70.98% of the 1H NMR
shielding of C4H4 originates from the atomic domain of the

Table 2. Atomic Contributions to the 13C NMR Shielding of
C6H6 Calculated at the B3LYP/def2-TZVP Level of Theory

domain total positive negative percentage

ipso Ca 35.17 107.15 −71.97 70.49%
ortho C 3.49 4.96 −1.47 7.00%
meta C 1.04 1.56 −0.52 2.08%
para C 0.74 1.19 −0.45 1.48%
ipso Hb 2.80 2.81 −0.01 5.61%
ortho H 0.65 0.66 −0.01 1.30%
meta H 0.30 0.30 −0.00 0.59%
para H 0.24 0.24 −0.00 0.49%
total 49.90 126.35 −76.44 100.00%

aIpso C is the studied carbon nucleus. bIpso H is the hydrogen
connected to the studied carbon nucleus.

Figure 4. zz component of the magnetic shielding density of the (a)
1H NMR shielding and (b) 13C NMR shielding in the molecular plane
of C4H4. The shielding contribution is shown in blue and the
deshielding contribution in red in the range [−0.2; 0.2].

Figure 5. zz component of the magnetic shielding density of the (a)
1H NMR shielding and (b) 13C NMR shielding of C4H4 calculated 1
a0 above the molecular plane. The shielding contribution is shown in
blue and the deshielding contribution in red in the range [−0.2; 0.2]
in (b).
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studied hydrogen. The contribution from the ipso carbon is
24.98%. The rest of the atoms contribute with less than 3.66%.
The contributions from the para carbon and the ortho carbon
with a formal single bond to the studied carbon are even
negative.
The contribution to the 13C NMR shielding from the

studied carbon is 87.50%. The ipso hydrogen contributes with
6.69%, and the ipso carbon with a formal double bond to the
studied carbon contributes with 7.71%. Contributions to 13C
NMR from the rest of the atoms are small. The contributions
from the ortho carbon with a formal single bond to the studied

carbon and the carbon in the para position are also in this case
negative.

3.3. Basis Set Dependence. We investigated the basis set
truncation error in the def2-TZVP basis set with additional
calculations using the fully uncontracted pc-n (unpc-n)
polarization consistent basis sets series55 and their augmented
versions.56 The basis set study was performed with Gaussian,57

and all basis sets were obtained from the Basis Set Exchange.58

The full set of results is shown in the Supporting Information.
The resulting B3LYP complete basis set estimates from the

quintuple-ζ unpc-4 set, which has a 11s6p3d2f1g and
18s11p6d3f2g1h composition for H and C, respectively, were
found to be 42.35 and 24.03 ppm for the 13C and 1H NMR
shieldings, respectively, for C6H6. For C4H4, the shieldings are
30.15 and 25.72 ppm, respectively. The def2-TZVP values for
13C in C6H6 and C4H4 are 49.90 and 37.16 ppm, which are
13.13 and 7.01 ppm from the unpc-4 values. The 1H NMR
shieldings of 24.28 and 25.93 ppm agree well with the unpc-4
values, with differences of just 0.25 and 0.21 ppm.
Because of the noticeable basis set truncation error for the

carbon shieldings, additional calculations were performed with
the generally contracted pc-n basis sets,55 their newer versions
based on segmented contractions59 (pcseg-n) and special-
izations thereof to the reproduction of nuclear magnetic
shieldings60 (pcSseg-n), as well as with the Karlsruhe def2
family of basis sets.43 The pcseg-3 basis set59 was found to
yield excellent agreement with the unpc-4 values: the pcseg-3
basis set yields 13C and 1H shieldings of 30.09 and 25.64 ppm
for C4H4 and 42.89 and 23.96 ppm for C6H6, respectively.
Because of the good accuracy of the pcseg-3 basis set, spatial

decompositions for C4H4 and C6H6 were recomputed in this
basis; the decompositions are shown in the Supporting
Information. Comparison of these data to the values in Tables
2 and 4 shows that basis set truncation error in def2-TZVP
significantly affects only the shielding contribution from the
ipso carbon, while the shielding contributions from the other
atoms are strikingly similar, differing only up to 0.05 ppm for
C4H4 and 0.03 ppm for C6H6. This strongly suggests that the
differences originate from orbitals localized to the ipso carbon,
that is, an insufficient flexibility in the semicore region of the
def2-TZVP basis set of carbon. Because the truncation error
changes significantly the absolute nuclear magnetic shielding of
the studied carbon, this also affects the relative percentages of
the atomic contributions. Similar conclusions can also be made
for the hydrogen shieldings by comparison of the data in the
Supporting Information to Tables 1 and 3: the largest change
(0.27 ppm) originates from the ipso hydrogen, while the
contributions from all other atoms are negligible: less than 0.05
ppm for C6H6 and less than 0.03 ppm for C4H4.

4. SUMMARY AND CONCLUSIONS
We have implemented methods for calculating and visualizing
nuclear magnetic shielding densities in the GIMIC program.
Studies of the shielding densities of benzene (C6H6) and
cyclobutadiene (C4H4) show that the direction of the current-
density flux relative to the studied nucleus determines whether
the current density shields or deshields the nuclear magnetic
moment. The paratropic ring current in the molecular plane
within the C6H6 and C4H4 rings shields the studied nucleus
when the current flows in the vicinity of the nucleus, while the
current becomes deshielding on the remote side of the ring.
The paratropic ring current inside the ring is much weaker in
the aromatic benzene molecule than in the antiaromatic

Figure 6. Absolute value of the magnetic shielding density of the 1H
NMR shielding (blue) and 13C NMR shielding (yellow) in C4H4
represented as contours with isovalue 7. The ipso atoms have the
largest contributions.

Table 3. Atomic Contributions to the 1H NMR Shielding of
C4H4 Calculated at the B3LYP/def2-TZVP Level of Theory

domain total positive negative percentage

ipso Ca 6.48 8.52 −2.05 24.98%
ortho Cb −0.15 0.81 −0.97 −0.59%
ortho Cc 0.95 1.83 −0.88 3.66%
para C −0.44 0.42 −0.87 −1.71%
ipso Ha 18.41 19.47 −1.06 70.98%
ortho Hb 0.22 0.24 −0.03 0.83%
ortho Hc 0.30 0.32 −0.02 1.17%
para H 0.18 0.18 −0.00 0.70%
total 25.93 31.80 −5.86 100.00%

aIpso is the studied atom or its nearest neighbor. bMoiety with a
single bond to the ipso carbon. cMoiety with a double bond to the ipso
carbon.

Table 4. Atomic Contributions to the 13C NMR Shielding of
C4H4 Calculated at the B3LYP/def2-TZVP Level of Theory

domain total positive negative percentage

ipso Ca 32.51 106.93 −74.41 87.50%
ortho Cb −0.73 1.74 −2.47 −1.96%
ortho Cc 2.66 5.38 −2.71 7.17%
para C −1.16 0.92 −2.09 −3.13%
ipso Ha 2.49 2.51 −0.03 6.69%
ortho Hb 0.45 0.46 −0.01 1.22%
ortho Hc 0.61 0.61 −0.00 1.64%
para H 0.32 0.33 −0.00 0.87%
total 37.16 118.90 −81.74 100.00%

aIpso is the studied atom or its nearest neighbor. bMoiety with a
single bond to the ipso carbon. cMoiety with a double bond to the ipso
carbon.
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cyclobutadiene molecule. Benzene sustains a strong diatropic
ring current in the π orbitals above and below the molecular
ring, which results in shielding contributions to the 1H NMR
and 13C NMR shieldings. However, the ring current passing
the ipso carbon deshields the 1H nuclear magnetic moment
because it is a diatropic ring current near the studied 1H
nucleus that flows on the inside of it. The same holds for the
13C NMR shielding. However, the diatropic ring current
passing on the inside of the carbon is weaker and leads only to
a small deshielding contribution.
The 1H NMR and 13C NMR shielding densities in the

molecular plane of C4H4 are similar to the ones of C6H6,
whereas 1 a0 from the molecular plane the shielding densities
are completely different. C4H4 sustains a strong paratropic ring
current in the π orbitals inside the ring, whereas the ring
current in C6H6 is diatropic and flows mainly on the outside of
the carbon ring.
Calculations of atomic contributions to the nuclear magnetic

shielding constants using Becke’s partitioning show that the
largest contributions originate from the ipso atoms and its
nearest neighbors. The ipso carbon contributes with 70.49%
and 87.50% to the 13C NMR shielding of C6H6 and C4H4,
respectively. The contribution from the ipso hydrogen to the
1H NMR shielding is 78.13% and 70.98% for C6H6 and C4H4,
respectively. Even for small molecules like C4H4 and C6H6,
contributions from more distant atoms are only a few percent,
which is utilized in local methods to calculate nuclear magnetic
shielding constants.
Although the B3LYP/def2-TZVP level of theory was used

for the most part of the present work, the methods presented
herein can also be used with larger basis sets and post-
Hartree−Fock levels of theory. We repeated the analysis in the
pcseg-3 basis set, which we found to yield shielding constants
in good agreement with our complete basis set estimates,
which showed that most of the deficiencies in the def2-TZVP
data originate from the atom under study, while the
contributions from all other atomic domains are essentially
already converged in def2-TZVP.
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(1) Helgaker, T.; Jaszunśki, M.; Ruud, K. Ab initio Methods for the
Calculation of NMR Shielding and Indirect Spin-Spin Coupling
Constants. Chem. Rev. 1999, 99, 293−352.
(2) Gauss, J.; Stanton, J. F. Electron-correlated approaches for the
calculation of NMR chemical shifts. Adv. Chem. Phys. 2003, 123,
355−422.
(3) Facelli, J. C. Calculations of chemical shieldings: Theory and
applications. Concepts Magn. Reson. 2004, 20A, 42−69.
(4) Helgaker, T.; Coriani, S.; Jørgensen, P.; Kristensen, K.; Olsen, J.;
Ruud, K. Recent Advances in Wave Function-Based Methods of
Molecular-Property Calculations. Chem. Rev. 2012, 112, 543−631.
(5) Stevens, R. M.; Pitzer, R. M.; Lipscomb, W. N. Perturbed
Hartree-Fock Calculations. I. Magnetic Susceptibility and Shielding in
the LiH Molecule. J. Chem. Phys. 1963, 38, 550−560.
(6) Jameson, C. J.; Buckingham, A. D. Nuclear magnetic shielding
density. J. Phys. Chem. 1979, 83, 3366−3371.
(7) Jameson, C. J.; Buckingham, A. D. Molecular electronic property
density functions: The nuclear magnetic shielding density. J. Chem.
Phys. 1980, 73, 5684−5692.
(8) Jusélius, J.; Sundholm, D.; Gauss, J. Calculation of Current
Densities using Gauge-Including Atomic Orbitals. J. Chem. Phys.
2004, 121, 3952−3963.
(9) Taubert, S.; Sundholm, D.; Jusélius, J. Calculation of spin-
current densities using gauge-including atomic orbitals. J. Chem. Phys.
2011, 134, 054123.
(10) Fliegl, H.; Taubert, S.; Lehtonen, O.; Sundholm, D. The gauge
including magnetically induced current method. Phys. Chem. Chem.
Phys. 2011, 13, 20500−20518.
(11) Sundholm, D.; Fliegl, H.; Berger, R. J. F. Calculations of
magnetically induced current densities: theory and applications.
WIREs Comput. Mol. Sci. 2016, 6, 639−678.
(12) Lazzeretti, P.; Malagoli, M.; Zanasi, R. Computational
Approach to Molecular Magnetic Properties by Continuous Trans-
formation of the Origin of the Current Density. Chem. Phys. Lett.
1994, 220, 299−304.
(13) Keith, T. A.; Bader, R. F. W. Calculation of Magnetic Response
Properties Using a Continuous Set of Gauge Transformations. Chem.
Phys. Lett. 1993, 210, 223−231.
(14) Steiner, E.; Fowler, P. W. Patterns of Ring Currents in
Conjugated Molecules: A Few-Electron Model Based on Orbital
Contributions. J. Phys. Chem. A 2001, 105, 9553−9562.

The Journal of Physical Chemistry A pubs.acs.org/JPCA Article

https://dx.doi.org/10.1021/acs.jpca.0c10884
J. Phys. Chem. A 2021, 125, 1778−1786

1784

https://pubs.acs.org/doi/10.1021/acs.jpca.0c10884?goto=supporting-info
http://pubs.acs.org/doi/suppl/10.1021/acs.jpca.0c10884/suppl_file/jp0c10884_si_001.pdf
https://pubs.acs.org/action/doSearch?field1=Contrib&text1="Dage+Sundholm"&field2=AllField&text2=&publication=&accessType=allContent&Earliest=&ref=pdf
http://orcid.org/0000-0002-2367-9277
http://orcid.org/0000-0002-2367-9277
mailto:dage.sundholm@helsinki.fi
https://pubs.acs.org/action/doSearch?field1=Contrib&text1="Rahul+Kumar+Jinger"&field2=AllField&text2=&publication=&accessType=allContent&Earliest=&ref=pdf
https://pubs.acs.org/action/doSearch?field1=Contrib&text1="Heike+Fliegl"&field2=AllField&text2=&publication=&accessType=allContent&Earliest=&ref=pdf
http://orcid.org/0000-0002-7541-115X
https://pubs.acs.org/action/doSearch?field1=Contrib&text1="Radovan+Bast"&field2=AllField&text2=&publication=&accessType=allContent&Earliest=&ref=pdf
https://pubs.acs.org/action/doSearch?field1=Contrib&text1="Maria+Dimitrova"&field2=AllField&text2=&publication=&accessType=allContent&Earliest=&ref=pdf
http://orcid.org/0000-0002-0711-3484
http://orcid.org/0000-0002-0711-3484
https://pubs.acs.org/action/doSearch?field1=Contrib&text1="Susi+Lehtola"&field2=AllField&text2=&publication=&accessType=allContent&Earliest=&ref=pdf
http://orcid.org/0000-0001-6296-8103
https://pubs.acs.org/doi/10.1021/acs.jpca.0c10884?ref=pdf
https://dx.doi.org/10.1021/cr960017t
https://dx.doi.org/10.1021/cr960017t
https://dx.doi.org/10.1021/cr960017t
https://dx.doi.org/10.1002/0471231509.ch6
https://dx.doi.org/10.1002/0471231509.ch6
https://dx.doi.org/10.1002/cmr.a.10096
https://dx.doi.org/10.1002/cmr.a.10096
https://dx.doi.org/10.1021/cr2002239
https://dx.doi.org/10.1021/cr2002239
https://dx.doi.org/10.1063/1.1733693
https://dx.doi.org/10.1063/1.1733693
https://dx.doi.org/10.1063/1.1733693
https://dx.doi.org/10.1021/j100489a011
https://dx.doi.org/10.1021/j100489a011
https://dx.doi.org/10.1063/1.440045
https://dx.doi.org/10.1063/1.440045
https://dx.doi.org/10.1063/1.1773136
https://dx.doi.org/10.1063/1.1773136
https://dx.doi.org/10.1063/1.3549567
https://dx.doi.org/10.1063/1.3549567
https://dx.doi.org/10.1039/c1cp21812c
https://dx.doi.org/10.1039/c1cp21812c
https://dx.doi.org/10.1002/wcms.1270
https://dx.doi.org/10.1002/wcms.1270
https://dx.doi.org/10.1016/0009-2614(94)00158-8
https://dx.doi.org/10.1016/0009-2614(94)00158-8
https://dx.doi.org/10.1016/0009-2614(94)00158-8
https://dx.doi.org/10.1016/0009-2614(93)89127-4
https://dx.doi.org/10.1016/0009-2614(93)89127-4
https://dx.doi.org/10.1021/jp011955m
https://dx.doi.org/10.1021/jp011955m
https://dx.doi.org/10.1021/jp011955m
pubs.acs.org/JPCA?ref=pdf
https://dx.doi.org/10.1021/acs.jpca.0c10884?ref=pdf


(15) Soncini, A.; Fowler, P.; Lazzeretti, P.; Zanasi, R. Ring-current
signatures in shielding-density maps. Chem. Phys. Lett. 2005, 401,
164−169.
(16) Monaco, G.; Summa, F. F.; Zanasi, R. Program Package for the
Calculation of Origin-Independent Electron Current Density and
Derived Magnetic Properties in Molecular Systems. J. Chem. Inf.
Model. 2021, 61, 270−283.
(17) Lazzeretti, P. Ring currents. Prog. Nucl. Magn. Reson. Spectrosc.
2000, 36, 1−88.
(18) Lazzeretti, P. Current density tensors. J. Chem. Phys. 2018, 148,
134109.
(19) Lehtola, S.; Dimitrova, M.; Fliegl, H.; Sundholm, D.
Benchmarking magnetizabilities with recent density functionals. J.
Chem. Theory Comput. 2021. DOI: 10.1021/acs.jctc.0c01190.
(20) Pelloni, S.; Lazzeretti, P. On the existence of a natural common
gauge-origin for the calculation of magnetic properties of atoms and
molecules via gaugeless basis sets. J. Chem. Phys. 2012, 136, 164110.
(21) Beer, M.; Kussmann, J.; Ochsenfeld, C. Nuclei-selected NMR
shielding calculations: A sublinear-scaling quantum-chemical method.
J. Chem. Phys. 2011, 134, 074102.
(22) Maurer, M.; Ochsenfeld, C. A linear- and sublinear-scaling
method for calculating NMR shieldings in atomic orbital-based
second-order Møller-Plesset perturbation theory. J. Chem. Phys. 2013,
138, 174104.
(23) Sambe, H. Properties of induced electron current density of a
molecule under a static uniform magnetic field. J. Chem. Phys. 1973,
59, 555−555.
(24) Pelloni, S.; Ligabue, A.; Lazzeretti, P. Ring-Current Models
from the Differential Biot-Savart Law. Org. Lett. 2004, 6, 4451−4454.
(25) Ferraro, M.; Lazzeretti, P.; Viglione, R.; Zanasi, R. Under-
standing proton magnetic shielding in the benzene molecule. Chem.
Phys. Lett. 2004, 390, 268−271.
(26) Ferraro, M. B.; Faglioni, F.; Ligabue, A.; Pelloni, S.; Lazzeretti,
P. Ring current effects on nuclear magnetic shielding of carbon in the
benzene molecule. Magn. Reson. Chem. 2005, 43, 316−320.
(27) Acke, G.; Van Damme, S.; Havenith, R. W. A.; Bultinck, P.
Interpreting the behavior of the NICSzz by resolving in orbitals, sign,
and positions. J. Comput. Chem. 2018, 39, 511−519.
(28) Acke, G.; Van Damme, S.; Havenith, R. W. A.; Bultinck, P.
Quantifying the conceptual problems associated with the isotropic
NICS through analyses of its underlying density. Phys. Chem. Chem.
Phys. 2019, 21, 3145−3153.
(29) Steiner, E.; Fowler, P. W. On the orbital analysis of magnetic
properties. Phys. Chem. Chem. Phys. 2004, 6, 261−272.
(30) Mohr, P. J.; Newell, D. B.; Taylor, B. N. CODATA
Recommended Values of the Fundamental Physical Constants:
2014. J. Phys. Chem. Ref. Data 2016, 45, 043102.
(31) Ditchfield, R. Self-Consistent Perturbation-Theory Of Diamag-
netism 1. Gauge-Invariant LCAO Method For NMR Chemical-Shifts.
Mol. Phys. 1974, 27, 789−807.
(32) Wolinski, K.; Hinton, J. F.; Pulay, P. Efficient implementation
of the gauge-independent atomic orbital method for NMR chemical
shift calculations. J. Am. Chem. Soc. 1990, 112, 8251−8260.
(33) Fliegl, H.; Sundholm, D.; Taubert, S.; Jusélius, J.; Klopper, W.
Magnetically Induced Current Densities in Aromatic, Antiaromatic,
Homoaromatic, and Nonaromatic Hydrocarbons. J. Phys. Chem. A
2009, 113, 8668−8676.
(34) GIMIC version 2.0, a current density program. December 2020.
Can be freely downloaded from https://github.com/qmcurrents/
gimic.
(35) Bast, R. April 2020; Numgrid v1.1.2: Numerical integration grid
for molecules can be freely downloaded from https://doi.org/10.
5281/zenodo.1470276.
(36) Becke, A. D. A multicenter numerical integration scheme for
polyatomic molecules. J. Chem. Phys. 1988, 88, 2547−2553.
(37) Lindh, R.; Malmqvist, P. Å.; Gagliardi, L. Molecular integrals by
numerical quadrature. I. Radial integration. Theor. Chem. Acc. 2001,
106, 178−187.

(38) Lebedev, V. I. A quadrature formula for the sphere of 59th
algebraic order of accuracy. Russ. Acad. Sci. Dokl. Math. 1995, 50,
283−286.
(39) Balasubramani, S. G.; Chen, G. P.; Coriani, S.; Diedenhofen,
M.; Frank, M. S.; Franzke, Y. J.; Furche, F.; Grotjahn, R.; Harding, M.
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